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ABSTRACT

Multipath fading and spectral scarcity are the main causes of performance degradation of
wireless communication systems. Antenna diversity is commonly used to combat the effect of
multipath fading and reduces the impact of co-channel interference. The maximal ratio combining
technique (MRC), which maximizes the output signal-to-noise ratio (SNR), is generally employed.

This thesis proposes the performance evaluation of wireless communication systems
employing the MRC technique in a non-Gaussian multipath fading environment by modeling
multipath fading channels as Nakagami-m fading. The main prominence of the Nakagami
distribution is that it covers all Gaussian-like properties. Furthermore, the problem of detecting a
primary user signal over a wireless channel is considered. We explore the use of multiple antennas
in a detection method. We also propose MRC technique based on energy detection, in order to
improve reliability of spectrum sensing and signal receives. In this detection method, the multiple
signal at the antennas of the receiver are combined and input to an energy detector.

The analytical expressions derived for the outage probability, probability of error, and
probability of detection are provided. It can be shown that Nakagami can be generally modeled the
fading environment in wireless communication systems and also includes Gaussian environment as
its special case. In addition, the results show the performance enhancement of the proposed

spectrum sensing method over the conventional ones.

Keywords:  Diversity / Outage Probability / Probability of Error / Probability of detection/

Nakagami-m fading
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o 1 Y 3 a 4 ~ I 1 ~
awlsgulditlumniwesveaar t Tash  t Huravearrwangnguunmn

Q

ADAVDINIZTVIUMI Y

(2

' ~ A ] J o a v
nTzUIUMSaN X Nanar  t=t Jaaadsquilu  x wazglsndusanuasamnsoieon’la

T
Fe (1) =P[X(t) <t] 2.7
iiie PIX() <t] ﬁammLhi]zudeumﬁaﬁﬁﬁ’umimmmmmﬂizmumidu X(1)

o x, AetwauaselagFendun1an naanuaeouasN 1 (First Order Distribution) Y09 X(2)

[ Y
1Az UANNHU ULV UOUALN 1 (First Order Density) A4

f,(x,t)=

oF, (Xt
5 e

waz  dmuald X(4) =X, waz  X(t,) =X, Ias  F, (X, %,;t,t,) Aonisuanuassay

PUAUN2 (Second Order Distribution) A113DLAA 1A 1ag

Fy (X %551, 1) = PEX () <X, X (L) < X%,] (2.9)

A A o a Jd o ] v w oA a1 &
e X uag X, ﬂammmsﬂm uazﬁm%ummwumummm)uﬂummmJu

O°F, (X, X%,;t 1
fx(xvxz;tptz): X((;)((ii@xzz L 2) (2.10)
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[ A o 1 A o I @ 9 o o A =~
JUU luﬂ@]?ilﬂiquuﬁ]?ugu&ﬂu 7 LA NITUINLIAAUN 1 uauilu

Fy (X0 X X 0t 8) = PEX(Y) <%, X(E,) <X ] (2.11)

d v 1 o w A = B~
uae WINFUANVHUUUEIAUN n dzuANTY

O"Fy (X, Xt et
fX(XilX21---’Xn;t1’t2’---’tn): X(Xlaxi aX : ) (212)

242 DSTUIUMSGUUDLING

a A 1 A o Y v A 1 o
GL‘LW]E]‘]&IQ@'E]’LTW?ﬂi%‘]J’J‘L!ﬂ15f;f3J1/l‘LlHJ11“lfﬂH3J1ﬂﬂ’E] ﬂi%‘].l’Juﬂ1iZZf3JLL‘]J‘LILﬂTd

. 9 < 1A Y o v
(Gaussian Random Process) [17] 14 X idunszuiumsquinilsznauaisdalsgusiuiu
(. @ o Jd

A X (), X (t,) 2 a1 Ivame n o t,.,t  sazimuannmesgy (Random Vector) U
Aa t4 a I

VNAWATNE  NxLuaziioud)u

X =[X(t)--X ()T (2.13)

d’ =3 a o .
0 T HUIEDE NI INAUNS N (Transpose Matrix)

o < 4 a I
mwuﬂﬂlﬁ/X!,ﬂunﬂmaiﬂlum n xluazﬁummﬂu

X=[x..x.T (2.14)

9
faiy wmamsaiues [X () < X,.., X () <x Jawnsadouldihu {X <xjuag X() 12gn

A 13 U A= A Jd o ] ] I o
Liﬂﬂ'ﬂl‘ﬂuﬂigU?Hﬂ?iﬁ:lll!’ﬂ‘ﬂlﬂ”lﬁ NADINONINFUANUHUUUANNUI921T] 1 ﬂlﬂﬂnﬂﬂ@n!!ﬂi

1 )

quimsnsznrenuumd Wnde

1 ke € (x-0)
f.(x)= e 2 2.15
(27)" |detC["? 219

A Jd A A
L AR NNRDIARAY(Vector Means) Ay

= E[XT =gt T =[E[X ()] ELX &)
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= = 4 a J . . A g
C Ao IANISeUsuNI N (Coveriance Matrix) GRISIAT

Cy Ci
C=| : . = (2.16)
le Cmn
e Cii =C (ti’tj): Rux (ti'tJ)_/Ui,Uj (2.17)

A 1A Ia 4 . a 4
uay  det C A9 MANDIVUUUN (Determinant) VBUUNINY C
v o W J IS A 0 A:all =
AUTUUATIAYUVINNTSUIUNTFULUUUINET mma”lﬂu o

9 1

' ° ' 3 3 o : o
NITUIUMTFY X(®) %3Qﬂﬂ’]ﬁu@@ﬂ’]\uﬂﬂlﬁﬁﬂclu@'Jl'f)\1ﬂ')f]ﬂ’]iﬂ%ﬂllagﬂﬂjﬁjﬂ@‘%!ﬁ%u ﬁ’ﬂ

uo=E[X(t)] i=1,..n (2.18)
ag
Rux (6.1;) = ELX (&)X ()] ij=1....n

[ Y]

snquuesdalsgy  X(t) e i=1,...n lulianudunusnu(Uncorrelated) Ao

S O A

a = 4 a J . < =]
AUNFNUD TAUF SUTIUNT N Cij Tag 1# ] ﬂmlﬂ”ll,ﬂuﬁuﬂ UUN
Ci=01#] (2.19)

' I o I s 4 o =
iglj'lﬂi$l|'3uﬂ'ﬁqul!UUlﬂ']ﬁiJaﬂHm$l,ﬂul1'3ﬂlcﬁuﬁalﬁmuu'ﬁ WSS (Wide Sense

. Yy I . y Y
Stationary) 113N 92111 SSS (Strict Sense Stationary)AJ8LaIND

a Aa ] <
wunnvosszuFudulingsaunal LTI (Linear Time Invariant) 13 u

De

' s 9 o a 9 T < £y I '
NIZUAUMSFUUULIINAL 1 WnveszuuFudu linlsawnar nezdeuilunszuaumsgu
HUUIERBFURY

1A Y A
2.5 mildlumsinaussouzvesssuvaems
dyanuunsndeauazdyusuniuluszuudeasiidilsz@niamvesszuudoas
anadlaena Tl lddaniaiumdivesdaiuaeiidiues dyaaunsnaeaulInduyyio
I a s A 1
SUNIUHIO SINR (Signal to Interference plus Noise Ratio) iJum1513im0sNeLIVOND

1 v 4 v v
Uszaniamuesnmisdears Nilemaldsudyarunlanuiaiioudosnga luvaznd
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@ o g 1 I aa egeye
doanaunsndoauazsunlwdiuiaile suiludesldaruireziilunaz ad@(Probabilities and
o : @ @ I A { Jd v &
Statistics) ¥R UM FeFnanuunsnaeauazdyarasunauiuainaianisal ldoin deriu
o I 1 a a o'dy 9 1
vinaazilavowuiuazitlu luuugu(®andom) mural Tuanetinusil szuaainadionIny
] I @ . 1 < a
Uvziiluveadyyrav1aAnI8(Outage  Probability)  ttag A uU19ziiluveInuianaia
(Probability Error) Ta8faNaNsznUINAQa 15U Aremarad1Miuszuudod1signiing
o I [
Tagdyanaunsnasaunan
251 anuaziluvesdaanaanie (Outage Probability)
| Aq Yo Aa A A ] I @ 2 Aa 1
mnlgialszaniamussszuune anviwzuvesdyaananes FaNtionun
P, = P[SINR #1451 <SINR dgafisousyld]

SINR ABABATIAINVOIMAId R IUAMAveIT Yy IUININToALINT QYY)

iﬂﬂ’)ua'lu'ﬁﬂ!%flullﬂullﬁ)ﬁ)’gﬂ
t
RM)=[f,()dr, (2.20)
0

A A ' ' < o &
1349 f,(») ADANNHUMUUANNUILITUUDI SINR FIVULH
A J o 2 A 4
y 0 A1 SINR Frvuzrniana msylaaa ¢
252 anuiaziluvesn1snsany (Probability of detection)

Y @ I ax A A [ [
N1TNTIVIANAINTU Lﬂu’)ﬁﬂ'lﬁwu\?ﬂiJﬂ’J’quﬂiJ']gﬁaJGlUﬂ']iﬁﬁ'J%ﬂ'] Y AN

o a 7 a oA o o A o
‘I/Hﬂ'l‘ilﬁf]ﬂﬂ’)'lllﬂWWWLLQ%LLUH’J@WﬁﬁHi% WaﬂﬂWHﬂlﬂiﬁﬂJiy'lmﬂﬁi'ﬁl'Jﬂﬁ@
T/2 2
E:ijs(Udt .21)

o E fewdsnuvesdyaimnlasy s@) uaaznaluriwa T dyana s(t)

[ [

Z 1 I %% J o
duamsauteeniludygasuniuiumnd n(t) Wiedyaudeyaiiuiudyausuniu

g 9

9
v v

[ =\ ana g a
\11!1!ﬂ”lﬁ@]i'Ji]'Jﬂ%$3Jﬂ’JﬁJ‘VﬁJTEJGLL!‘VITQﬁﬂﬂ!ﬂu”lﬂﬁWNﬁﬂJll@@Tu

H,y(t) =n(t)

H,:y(t)=s(t)+n(t) (2.22)

Qdd‘

v Y @ o Y I 1 1 I~
ﬁlliiﬂ'LJ$"U’e']Q@ﬁﬂ’é]iﬁuﬂﬁl%ﬁluﬂﬁﬁiﬂﬁnﬂﬁﬁuﬁﬂﬂﬂ/iuﬂulmﬂuﬂWﬂ’ﬂiJuﬁ]mﬂu 2

] I 1 |
Uy ﬁf) mmuwmﬂummmimnwu (Probability of detection :Pd) !lﬁgﬂ’ﬂhlﬂﬂmﬂu‘ﬂﬂﬁﬂWi
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a 1 1 I o {
IABUHANGNA (Probability of false alarm :P,) 1 P, fin AUz uveINIATIINL Ty iiil

1 )
d19oglunauniud auivaunsodouldlugilvesauns

P, =Pr[E >7|H,] (2.23)
A ] I v A 1 A S a9 ]
Pf ﬂammmﬂztﬂummmmslﬂﬁu“lmnmummauu”hmQﬂieumamﬂﬁluﬂam

v 9
flunialidlFnumauanuiiueg aunsadiondiu
P, =Pr[E >n|H,] (2.24)

Tumsldndnmsasiniandsnumedumms Idautouanud a1 P, aseziiaigs
A 3 @ Y P A ' Ao
iesnnitludumuvesanugnaeslumsasanumslsnuuauanuduazm P, Adsegiiam

4 3 ' a v a ' 1A { v A

10 esnndlumanuranainveosmsaaduly aauaisuasuvesnisaaaula (The decision
threshold; 77) 7 MW1AY sEADVBINAIIUATIMUA A3l 2.12 aunsadimualdinaa

1 1 ] < 4 o [ g
MINZENIEHINM P, uaz P, o8 Isinwlymvesmseoas Isenendsnuvesdyauiy
= 1 [ & ¥ ¥ @& FY xR o A
vanw limiveugs  auvauilsluthisiunannanimnadonazetma  Juilumseniioz

mvuan e ulasunmiuzay laeNasaInMaIvesdyy o

Decision HO Decision H ]

' v ' '
:.ji‘]J‘V] 2.12 ’J‘ﬁﬂ15@ﬂﬁu1mlﬂﬂ@ﬂm&lIﬂﬂﬂﬂ’?uﬂﬂuiulﬂﬁEJ‘L! n
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Taodou lulunstiassresdyaravz Idnszurumsquin lulsmsuenumuwniduagnis
v @ 1 ] I (% a Jd ] I @
asrvdadyarasieainnuiaziulunsasivia msinsziaanuieziuvesdygu
1 ] I a sa a . . .
MaIeazaInNiaziluvesnuAanatn a1e'laneigamaiia (Diversity Techniques) 910
HANTZNUUBINITAUNNNAIBEUNN F1901NIALAAZYAILINANITAANDUVOIT YD IWUNAY
9 ;:; 1 A [ 1 % A o ]
@i lumieunu Tagerauanaenuluyua a1 vie e M5125202N 1A A WUV
1 @ a v dsl Y I Aa o o’ady . . ..
aee1nauana1eny Tasluaulsell 1duindialane5¥A (Maximal Ratio  Combining
a 4 o y 1 [ @
Diversity) 1Tumsansgrnuuiaesszuudoas 15aelugesdyoaninszaieaun win1m

Aa d
4 191 (Nakagami m Distribution)

3.1 HUUDIABITOIT Y IMIVUMIAIN

@ a

1 1 Jd v ] [ J o w
GLu‘If’E)\‘]ﬁ'ﬂJuﬂJ']ﬂ!ﬂ']iaﬂﬂ@ull“]J‘U‘LHﬂTﬂ']iJ AWINTUANUNR U UUUDIOATITIUNIA
) o )

dyarudoyanodyruunindeasivus lavaznila ( f. i)y uaz 7, Ao AUNdeiIas

yaudoyasodyauunindoa amnlou ldamauns

f 0) = ]mzo 3.1)

4 L o A 4
1ilo m; 2]7/2 uazlanTUR 1ia T (Moment generating function) Y93 ansaeuld

ﬁJu

m;
T
i © _xt. M1 7 q
= 3.2
yl() rm) (I)e e X (3.2)
NNANUTUNUT
p I
A I I(~s)x°ds



e j=v-1 @euaumsn 3.2) 1d 1y

m- S
1 (m
— L(=s)I'(m; +s) (3.3)
F(””[ J I (.j
L Log(m Ml - L 5
My () = I My, (1) = [ '} (j [ [ ] 40 T(=s)r(m +s)(] 5,0s,...ds|
—1r(m) 7t 2zj) G, cL i=1 7t

(3.4)

M}/i (t) =

nnwansudasartaiy (Laplace Transform) [24], [25]
1 t
()= [m, e (3.5)
27 ] o

UNUAT AU (3.4) fe aumg (3.5) ald

L 1 (m Y]\t L )
()= — — . nr( spC(m; +57) =
fy —lr(m) 2zj) ¢,C, C A

L
1 (m+s) t
; Cj:t '—1 "t ds;ds,..ds.
7]

Y H
nniuhmInaoudnls  y =yt nagldaums s-315.1 [26]

» L —1
()= {ﬁ('ﬁ}ml}y(lglmd (1jL ] (Emj
! r(élml) & 2r)) GGy CLr(é (m +s)j
5
L r(m+s)(my )"
() r(lmi)l)( y—llyJ dsydsy-.ds|_ 3.7)
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aunsadoudumsi 3.7) lugiuoveynsy 18

(3.8)

4 - oy <
iio ny = 3y 1Az Pochammer flowdae (), =T(a+k)/T(a), Tagh T(0) =1
1=

nnaumsh (3.8) aansalouliodlusiveslanlos Tommiatandurarodauls

(Multi-Variate Hyper Geometric Function) [26], [27]

m. . | ¢
1 L fm ) [iglm'}1 (L) L mom m_
f},(y)=7|_ |- y Xy | MpMy,.my 3 M- —=y,— ==y, ——7 |,7 20
=L 7L

(3.9)
~ A J o ] @ 9 1 [ ~ 4
qUN1IN (3.9) AD WINFUANUHU AU VD UYIUVDYAADTYYIUITUNIUTUDINWNVDN MRC
M%Qﬁ‘?ﬂgﬂunmgmummﬂwauuuummmﬁ

a 4 1 1 I %
Wﬁ]’lﬁm’lﬁiﬁ5ﬂu$GUEN53‘]J1J%f]ﬁ’]5@9]}'38ﬂ1ﬂ311|u'm3lﬂu"U@\i YYTUVIANY

"th L M

1 M7 th

PO(Vth): (I) f7(x)dxz(l_()j i P

i1+ > (m |

=1 !
L L m m
x é ) my, My, .mp 51+ % mi;—ﬁyth,—izyth,...—:l‘yth (3.10)

=7 72 L

a 4 aa ' I a
W%1im’]ﬁh‘i‘iﬂu$ﬂlﬂﬂi$ﬂUa’ﬂﬁ1iﬂ%@]ﬂﬁﬁ?ﬁlﬂ')']llu']i]&ﬂu"ll’f]\iﬂ'J'llIW@WﬁW]

e =R () (r)dr (3.11)
Pe(7)= C(o.27) (.12)
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Weaumsh (3.12) Ao Wou lvvesa1 BER Tugesdya 1o AWGN (Additive White Gaussian

Noise) [28]

_ J1,BPSK
1/2,BFSK

, _ 41 NFSK / DPSK
1/2,CFSK / CPSK

BPSK = Binary Phase Shift Keying

BFSK = Binary Frequency Shift Keying

NFSK = Non-Coherent Frequency Shift Keying
CFSK = Coherent Frequency Shift Keying
DPSK =  Differential Phase Shift Keying

CPSK = Coherent Phase Shift Keying

0
1 —l _t =) 1
Lag Al F(O! , X) = [t e dt Bonm Complementary Incomplete Gamma Function [26]
X

UNUMANMIN (3.8) tag (3.12) adluaumsn G.11) a1

L (b % rL[ (mi)”i (‘mi Jni
L Z N TR
F( + 2 mlj 1|__[ (mi) i OZO = iz ! Ny i=l  pi ay; G3.13)

e~ L i<l ay, |m=0 n =0
2F(b)1“(1+ >, mi) SO~ =N (1+ D%, mi)
i=1 i=1 Ny

vagilaumshn 3.13) Tun'ld

+L ; m;
o Gr-y) “ ) }u( ,,,,, S I

L i=1| m. ] 3 V. L
ZF(b)F(MZlmij =1 m; +ay; i=l " mj+ay;  mp+ay
1=
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10 AUNI5N (3.15) HeuN b=1 (non coherent)

oo Y
po = py| i (3.16)
2i=1 mi +a7i

vV v

32 MINTINIATEAUT YA IMUBINIIMANNYASUT YR 1aIAY (Single Antenna

CR Receiver)

o

A a . [ o 1 1 o o
LiﬂJWﬂﬁmn?‘lﬂ’Jﬂ‘UﬂﬂJVﬂ"’U@Qﬂﬁﬁi?ﬁ]ﬁ]ﬂﬁﬂlﬂ]"lmWWU‘H’E]\‘]ﬁ'ﬂlﬂuﬂmﬁJﬂ’J‘LleULﬂTﬁ 11’9{ s(t)

g 9
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Wudyarmvesdldszaulgugiindsiusesdyna
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o 4 4 2 A IR
VITHIUMNUVY h Llaglwuﬂ1ﬂﬁuﬂﬂ\j
=

[

' : o o 1 {
Arndevesdy M TuUNIUILLLME n(t) W w naasderedyanunnud tag T uaaang

9 v
FIA1NNTAIUNAVINNITIIUITINAYYIUAIDYN muuwaﬂmmmmmamumqmmﬁ ?d'lﬂ

I o <
A=TW HUUIUAY

[

1 S A [ Y I 9 a A "9 a
YAINNNIY NAD ulmmwﬁmﬂlﬁmu ﬂjuﬂﬁm(ﬂl@ﬁumgm Hl) ﬁﬁ'f)llll (‘Uf]ﬁlligﬂiﬁal Ho)

Y 9 a 2 v o
fl']flﬂlﬁ 2 UDANYATIUU Tﬂﬂllﬁﬂ\jfﬂﬁicﬂ YU

Hy:r() = hs(t)+n(t)
Ho:r) = n(t) (3.17)

Tas  r@) Ao dygruniula

sty Ao dynmNasvesd dszauilgugi

U

[

h A9 OATINTVSIGVDITOIT Yy 104
' { o % 4
nit) Ao AuRALMIgAURIFYYIUTUNIUVIMD T

I UATIRTINdoUNaIUNaaulad I NuanA1NNUTZH I ToaNRATIU Hy g Hy 100
Y

@

pIENANNTV0ITIUINUNG E=E /Ny o E, newasnuvesdyq i ldsunieldde

[

a Y R a v o 2
quuazIU 2 U8 "])'\‘]ﬁ’]ﬂ’]iﬂﬂlﬂu]lﬂ JU

E = —I n2(t)dt = >n?, (3.18)
No Jo0 2NQW &
Tas E o wasnuuesdnan 145y
W fle dyanuanud
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T o 1A1INMIFUNANINMNTTIVTINTYYIUAI0Y1S

No 10 W UUeIdya nsunIu

A I @ ] AN Y 1 % ] A A a -4 Y
o n; Wudredren ldnTaemsguaaoss ni) nnud luaisy 2w 114

2A
n(t) = Zni sinc(2Wt —i),0 <t <T,orn; = n(i /(2W))
i=1

a A { g
Taw 1y ~ N0, 2NgW) meldauydgiu Ho, E Hgasaumsnszatenny laauaiinua 24 Milu
a o ~ o Y a [ J v [
oasy Twhueudsinu meldauyagiu vy, E ludlugasaumsnsznenulaauaisnuni 24

q

A a (=) Y A A o ¥
nmiuoase Lm%ulllllﬂ']ﬁiﬁllﬂ']WJL!ﬂi 2p WD p ABAT SNR ANUY

Hi i E ~ X2,(2p)
2 (3.19)

HO : E —— X2A
Tag A D HAAUVDITINIAINUTINAIND
o [ A @ A A Y o 1 A A 9 [ U ] <3
dmsuinsesasvaeunasnunagulawainua y AEuAUMIATINTUMIANNUIZTY

' 1 < [ a o
VBINTATIINY (Py ) LLEI$ﬂ1ﬂ31%ﬂ1%$£ﬂuﬂlﬂﬁﬁ‘fgm1mNﬂ‘Wﬁ”lﬂ (Ps) Iﬂﬂﬂ?ﬂﬂﬂiﬁl

Py = Prob[E>n|H], (3.20)
Ps = Prob[E>7|Hg] (3.21)

9
v W

aatiu 1daunsn 3.9 aunsomldingduouiudueulu (291, [34] 91naumsi 3.20 uay

aumsi 3.21

Py = Qn(2p.\). (3.22)
Pr = T(A,7/2)/T(A), (3.23)

o 1(.,.) Wlunnuinlansui luauyssl Taofmuald
* 1
r(ab) - J' e 't2Ldt(Re(a) > 0),
b
1Az T(a,0) =I(a).Q, (a,b) agUinflurlesumsau Q Wassu Tasimuald
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X2+62

1 [(® A -
Q@b = 5 _[b xMe 2 1, (dx)dx, (3.24)

A A S A 1 g
N 1() AowasasnFunulasmvosvuaouLsn

1 [ 4

FOIAYUVIUMITVINMNYULVVI QY (Rayleigh Fading)

a 1 o I [
I@insansesdaugnansnemenuustad b fuaszanedaugramuiy
Iq ¥ Y w = = A gy I s '

suad 14 p moeldlasenu iy p Wuauafde SNR 1 SNR p Sanvazluiansuanuuiee

< [ 1
WU NUHULY

f(p) = ,p20 (3.25)

[ 1 I — A FY 1 A ~
MIMMANNUINUY Pd, SA VlhlﬂNWIﬂﬂﬂ?ﬁﬁWﬂTLﬂﬁﬂﬁﬂﬂﬁﬂJﬂ?ﬁ‘ﬂ 3.22

e
Pd,SA = JO QA(@.«/;)%G Pdp

uae

Pd,sA = J(ApL7) (3.26)
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33 MIATIVIAsTAUAYYIMVIITIHIMANNYAS DAY I via189a  (Multiple

Antenna CR Receivers)
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Abstract:

The appearing demand for high spectral efficiency and
wireless applications are the key drives for the evolution
in wireless architectures. Given the limitations of the
natural frequency spectrum, it becomes obvious that the
current static frequency allocation schemes cannot
accommodate the requirements of an increasing number
of higher data rate devices. We discuss the basic
elements of wireless systems that utilize radio spectrum
space in our analysis. We present a multiple antenna
processing power based sensor. In this method, we
consider two antenna processing and analyze their
sensing performance. Closed form expression for the
detection probability is derived. Finally, some numerical
results the potential improvement in secondary users
(unlicensed users) feasibility in smart radio based energy
detection is shown.
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Abstract— The appearing demand for high spectral
efficiency and wireless applications are the key drives for
the evolution in wireless architectures. Given the
limitations of the natural frequency spectrum, it becomes
obvious that the current static frequency allocation
schemes cannot accommodate the requirements of an
increasing number of higher data rate devices. We discuss
the basic elements of wireless systems that utilize radio
spectrum space in our analysis. We present a multiple
antenna processing power based sensor. In this method,
we consider two antenna processing and analyze their
sensing performance. Closed form expression for the
detection probability is derived. Finally, some numerical
results the potential improvement in secondary users
(unlicensed users) feasibility in smart radio based energy
detection is shown.

Keywords— Unlicensed users, Smart radio, Detection
probability, False alarm probability

1. INTRODUCTION

The appearing demand for high spectral efficiency and
wireless multimedia applications are the key drives for the
evolution in wireless architectures. Recently, several
advancements have been introduced for 3G wireless
communications to further improve the data rate and the
system performance. However, due to the increase of wireless
applications and services, it is clear that 3G wireless systems
will not be able to comply with is ever increasing demand.
The next generation wireless communications are expected to
sustain much higher data rate services compared to evolving
3G systems. Radio spectrum resource is one of fundamental
importance in wireless communications. Hence it has become
to find suitable spectrum bands to meet the demand of future
services. The most promising way to significantly improve
spectral efficiency is to give opportunistic access of frequency
bands to a group of users for whom the band has not been
licensed, which is referred to cognitive radio [1]. The term
cognitive radio describes the evolution of radios to highly
adaptive systems. Since most of the spectrum is already
assigned, the important challenge is to share the licensed
spectrum without interfering with the transmission of other
licensed users as illustrated in Figure 1.1[2].

To make this possible, smart radios have also to be aware
about interference reduction and must have powerful

capability of sensing its spectrum environment. Due to the
progress in digital signal processing, strategies for interference
mitigation become applicable.

Energy detector base sensing is sup-optimal method for
signal detection. After selecting the bandwidth of interest, the
energy in the signal defined as

o T/2 2
E—L S (0t

when, E is the energy of the input signal $(¢) at any time over
the interval 7'in the past. The input signal $(/) consists

either of noise alone or a signal plus noise. Thus, detection
means the test of the following hypothesis:

7, y(1) =n(1)
722 y(1) = s(1)+n(1)

Afterwards, a free or used decision is made. Of course,
processing gain can be improved as the observation time is
increased. Another benefit of a longer observation time is the
fact that the noise level is decreased, thus increasing the
signal-to-noise ratio. In spite of these advantages, including a
simple implementation, the energy detector owns some
drawbacks. Since an energy detector is not able to
differentiate between thermal noise and modulated signals,
there is no possibility to cancel interferers by using signal
processing techniques [3].

Cyclostationarity based sensing, cyclostationarity feature
detection is a method for detecting primary user transmissions
by exploiting the cyclostationarity features of the received
signals. Cyclostationary features are caused by the periodicity
in the signal or in its statistics like mean and autocorrelation
[4]. This means that their statistics can be described by
cyclostationary processes, in spite of merely being stationary
in nature, This cyclostationary can be exploited in the receiver
for parameter estimation (e.g., pulse timing). This method
allows the detection of specific modulated signals in
environments of other modulated signals and noise. Normally,
the analysis of stationary signals is based on the
autocorrelation function and the power spectral density.
However, the power spectral density is a one-dimensional
function of frequency. When cyclostationary behavior can be
exploited, a related function named spectral correlation
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function can be expressed. In general, the spectral correlation
function is a complex—valued, two—dimensional function [5],
[6].

Matched-Filter, A matched filter can be characterized by
the formula [7] /(1) = o - s(T" —t), where s(7) is the transmit
signal, 7'is the symbol rate, and « is a factor that characterizes
the amplitude. A matched filter maximizes the signal-to—noise
ratio at the receiver [3]. Thus, it is the optimal choice for
signal detection. One drawback of a matched filter is that it
requires a priori knowledge of the transmitted signal for
demodulation. This knowledge contains, e.g., the modulation
scheme and the order of modulation such as bandwidth,
operating frequency, modulation type and order, pulse shaping,
and frame format. This means for a CDMA system that the
receiver must know the dedicated spreading codes and
synchronization channels. Another disadvantage of match
filtering is large power consumption as various receiver
algorithms need to be executed for detection.

The organization of the rest of this paper is as follows: In
Section II, we give the system model and formulate the issue
as an optimization problem. We discuss this problem in detail
and indicate a numerical algorithm in Section III. In Section
IV, numerical results in different situations are analyzed.
Finally, our conclusion will be presented in Section V.

II. SYSTEM MODEL

We considered a single and multiple antennas at the
receiver side. Let s(r) be the primary user signal that is
transmitted over a channel with gain / and additive zero-mean
white Gaussian noise n(f). Let W denote the signal
bandwidth, and 7 be the observation time over which signal
samples are collected, so chosen that the time-bandwidth
product, A =7, is an integer. The goal is to determine
whether a signal is present
(hypothesis 77 ) or not (hypothesis 77 ). Under these two

hypotheses, the received signal is given by

74, y(1) = n(t)

(1)
74,2 y(t) = hs(t)+n(r)

Let N, be the two-sided noise psd. We consider a modified
energy detector that differentiates between hypotheses 7
and 77 based on the normalized quantity, £'=/F /N,
where /7 is the energy of the received signals under the two
hypotheses. Under 7,

2A

2
S,

B e b
Ny

1
T ANW

\
I 2 (1)dit @
0

where n, are the samples obtained by sampling #n(7) at the
Nyquist frequency 2J¥. Note that since n, ~ N'(0,2N ),

under 77, , [ has a central chi-squared distribution with 2A

degrees of freedom. Similarly, under 7 , £ has a non-central
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chi-squared distribution with 2A degrees of freedom and non-
centrality parameter 2p, where p is the SNR. Thus,

2 g oo 2
T B = X 3)
HE ~ X3,2p)

For the modified energy detector, with 77 as the detection
threshold, the probability of detection, Pd, and probability of
false-alarm, £’ , are defined by the probability of detection is

the probability to decide 77 and 7 is true. Thus, the large
detection probability is desired. It can be formulated as

P, =Pt >n|H,] “
where 1‘:,. is the probability of detection and 77 as the
detection threshold . The false alarm probability that the test
incorrectly decides that the probability to decide 77 but 77,
is true and it can be written as

P, =PiE > n|H,] ©)

where, P is the false alarm probability. £ should be kept as

small as possible. The decision threshold 4 can be selected for
finding an optimum balance between 7, and Pf . However,

this requires knowledge of noise and detected signal powers.
The noise power can be estimated, but the signal power is
difficult to estimate as it changes depending on ongoing
transmission characteristics and the distance between the
cognitive radio and primary user. Then, using (3), we can
obtain the following closed-form

express [8], [9] for (4) and (5),

By = Op(2p.\m). ©
Py = T(An/2)/T(A), @)

where I'(.,.) is the incomplete Gamma function, defined by
I(a.b) = j 1 diRe(a) > 0),
b

and T'(a,0) =T'(a)- O, (a,b) is the generalized Marcum-Q
function defined by

2 ia?

A Iy (dx)dx,

xte 2

a,\—l

Op(ab) = (®)

@
f
where 7(.) is the modified Bessel’s function of the first kind.

TII. DETECTION PERFORMANCE
We now consider a Rayleigh fading channel, i.e. 4 follows

a Rayleigh distribution. Under this scenario, with p being the
average SNR, the SNR p has the pdf
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Y

flp) =

=€

Q-

The detection probability, Fd,SA is then obtained by
averaging (6) over the fading realizations (9) and is given by

P
«© i ==
[ NP e Pdp

Observe that I’, in (5) is independent of the SNR p, and

hence this expression remains unchanged under fading
considerations. We now consider two receivers processing
schemes and obtain the expressions for the probabilities of
detection and false-alarm in each case for Rayleigh fading
wireless channels. Our approach will be to first derive the
probabilities of detection and false-alarm for an AWGN
channel, and then use these expressions to derive the
corresponding expressions under Rayleigh fading. The idea in
this technique is to linearly combine signals coherently. That

Pd sS4 =

is, with /1, being the channel gain, the output y(7) is given by

M
PMRC = z/’i

i=1

(10)

Note that, under 77, /2 is a sum of A i.i.d. non-central

chi-squared distributed variables, with 2A degrees of freedom
and non-centrality parameter 2pi, and hence has a non-central

)(2 distribution with 2AM/ A degrees of freedom and non-
: M .

centrality parameter 22,7l P, =2pP,me - Then, in the case of

an AWGN channel , using the arguments on above, it is easy

to see that

» P

0=

Ona W 2opre N

Itis well known that the pdf of P, . is given by [10, eq.9.5]

M-1 -2

1l do A b
fMRC(p)_—(M—l)! ;M el

an

(12)

The expression for the resulting detection probability with
Rayleigh fading is derived by averaging (11) over the fading
realizations distributed according to (12),
o]
AN e e>;d
M-1) =M
( “p

Pd,MRC = _"0 O 22.m)

Given that 7 arei.i.d. and have distribution \'(0,2N ),
M

the random variable Z h:nilc ~N(0,2 N(,WD!,? 5 where the
i=1

pdf of £ is then given by
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y

" i
A=le % yz0, (13)

1
I )=
BT @Mt

and the cdf of £ is given by

Y
v )
Fp(y) = J. T i\ WMo i gy
0 ap™27T(A) (14)
A/ a)

T'(A)

As a result, the probability of false-alarm for the AWGN
channel is given by

T(A,n/ 2a)

I'(A) s

I’f = 1-Fg(m) =
Given that the square of the absolute value of a Rayleigh
distributed random variable has exponential distribution, a,f
has a Gamma distribution given by

M—Ie—a

a
faiz, (o) = W

(16)
The average probability of false-alarm can then be obtained
by integrating £, in (15) over the pdf above. Although an

elegant closed-form expression appears to be difficult to
obtain, the value of the threshold parameter 77 that needs to

be set to achieve a certain P/ can be obtained using

numerical integration. For the selection processing technique,
the receiver branch with the highest SNR is chosen, and

processed further. Under this case, the resultant SNR, P, is

simply p, ... It is well known that the pdf of p . (or Pg, )
is given by [10, eq. 9.326]

2 P
M 5 i i
fsp(p) = =e P(l-e AyM=1
»

M-1

; »
)y MZ(‘M—I D' . 1 o PIGHD
e X i+l p/i+1)
(17)
v / 3 5 !
Here ('}’ denotes the binomial coefficient, Cr= B
(n—k)k!

The detection probability, Pasp is then obtained by averaging
(6) over the pdfiin (17). The resulting detection probability

Pasp in this case can be written as
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M-1 i -

- ~1 (-1

Pasp = MYy cM 16D 6L 1m) a8
= i+1 i+1

To obtain the probability of false-alarm, first note that the cdf
of /£ under 7 can be derived from (3) and is given by

T(Ax/2)

T(A) =

Fp@) =1

Under selection processing, the cdf of /2 under 7 is then
given by

(20)

_T(Ax/2) e
I'(A)

Fg,sp® = [1

IV. NUMERICAL RESULTS
We illustrate the efficacy of the multiple antenna
processing techniques through the detection probability for a
pre-specified probability of false-alarm, P, at given SNR.

We considered a four-antenna system (A =2) with the
processing techniques described earlier in Section 2, and the
single antenna system in Section II. For a fixed value of the
time-bandwidth product, A = 6, we considered two cases
corresponding to different P, (@) P,=0.01 , and (b)

P, =0.001. We then compared the achieved £, as SNR
was varied from 0 dB to 30 dB, for given Pf and A. Figure 1

shows comparisons of the achieved detection probability with
varying SNR for the single antenna against the two multiple
antenna processing techniques described: maximum ratio
processing and selection processing. The improvement in
detection achieved through the diversity gains offered by
multiple antennas processing in energy detection is evident.
There is more than an order of magnitude improvement in
detection performance with the use of maximum ratio antenna
processing and selection processing.

1 — A L A =
PP S e—
oo - B AN/ ~ AW
| \ | i
08F--——- = — At — R A £ L N ~
i e | |
& 07--—-- - =4+ - ¥-29-+\ AVN—F N~ WP NN
| | | |
-§ 06 i i i |
3 (W i |
k- JIY-| —— A \ % LA - NN\ - A\ o
z | 1 . |
5 17| R [ SRR A '\V e - TTERN N\ \, LA\ _ /) ()=
i |
e p A |
D3|~ f I A A 1N = = PN BN - - B Al
| i )
|
i i
02} | | Selection processing 1
: i ~+— Maximum ratio processing |
o1 ! | <=~ Single antenna case
] I T
ok s L N DLL L
0 5 10 15 20 25 30
SNR(in dB)

Fig. 1 Detection performance with multiple antenna processing
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V. CONCLUSIONS

We considered the potential use of multiple antennas in a
smart radio for primary user detection by analysing a few
receiver signal processing schemes. We showed that by proper
combination of a multiple antenna processing scheme with
energy detection, it is possible to achieve high probabilities of
detection even at low to moderate SNRs. In particular, we
derived closed-form expressions for the probability of
detection and expressions for the probability of false-alarm for
each multiple antenna processing based energy detection
scheme to analyse the detection performance gain as
compared to a single antenna energy detection scheme. The
detection performance gain using multiple antenna processing
is obtained by exploiting the micro-diversity offered by the
wireless channel. The maximum ratio processing based
energy detection scheme in particular gives an upper bound on
the detection performance of such multiple antenna processing
based energy detectors since it utilizes perfect channel
information and employs optimum coherent combining.
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Abstract— Minimum mean square error (MMSE), also know as
optimum combining, is already mentioned to be good matched
technique for suppressing the multipath fading and reducing the
effect of co-channel interference in wireless communications, It
has been used for either Gaussian fading channels and non-
Gaussian fading channels for different conditions and purposes.
In this paper, the performance evaluation of wireless digital
communication systems for linear minimum mean square error
diversity is investigated, for the case where the desired user
undergoes Rician fading. A closed form expression for the exact
distribution of the output signal to interference ratio is derived.
The number of interferers in the derivation is larger than the
number of antennas. Powers of all interferers are assumed to be
equal. The modulation type for data transmission is binary phase
shift keying (BPSK). We present both the new closed-form
expression of BER and the preliminary numerical results using
computer simulation.

Keywords- Minimum mean square error, Rician fading,
Probability of error.

I. INTRODUCTION

In the area of communication, it is well known that
commonly implement the antenna array technique can be
employed at base station receivers to suppress the effect of
multipath fading and reduce the effect of co-channel
interference. The multipath fading is usually modeled by the
envelope distribution of Gaussian quadrature components such
as Rayleigh or Rice distribution which are based on the
assumption of infinite randomly scattering signal at received
antenna yielding the use of central limit theorem. There are
several techniques such as antenna arrays processing and
diversity combining has recently attracted great interest in
digital wireless cellular systems. It combines the outputs of the
reception branches in an optimum way and achieves the
maximum output signal to interference plus noise ratio (SINR)
[1]. The optimum combining schemes give outstanding
performance by maximizing the SINR. Its performance,
however, is difficult to analyze.

For wireless communication systems where both the
desired-user and interferer channels undergo Rician or
Nakagami distribution as it was considered in [2-5]. In [3], the
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desired signal is modeled as Rician-faded, while the co-
channel interferers are modeled as Rayleigh faded. This model
is based on the assumption that a direct line of sight (LOS)
signal components exist during cell transmission. The
interference signals are assumed to be Rayleigh faded because
a direct LOS path between nearby cells is unlikely to exist.
Closed-form outage probability expressions of wireless
communication system are derived for both single and
multiple Rayleigh interferers [4-6]. In [4], a closed form
expression of outage performance in case of a Rayleigh
desired signal with a single Rician interferer was derived. The
Rician interference signal model addresses the case of
spectrum  sharing  with  competing  microcellular
communication services as well as with other microwave users
in the same band [2]. Many propagation measurements
characterize the microcellular environments as composing of
path loss, log-normal shadowing, and fast Rician fading
components [5] and [6]. Outage probability for wireless
channels including all these effects is presented in [S]. The
desired signal is modeled as Rician faded and lognormally
shadowed, while the interferers are Rayleigh-faded and
lognormally shadowed. In [6], a closed form outage
probability expression for the case of Rician fading among
Rician interferers is derived. However, these previously
published have been restricted to cellular system without
optimum diversity capability.

The outage probability of smart antenna system is
investigated in [7]. The expression of the closed form solution
is obtained, when the desired signal is subject to Rician-type
fading and interfering signal exhibits Rayleigh fading. Their
analytical framework considers the condition, where the
numbers of interferers exceed or is equal to the number of
antenna element. However, BER performance, which is one of
the most important parameters in determining the performance
of wireless system, is not derived in their work. Therefore, in
this paper, we will focus on the derivation of BER
performance of the optimum diversity under Rician/Rayleigh
fading environment.

The remainder of this paper is organized as follows. In
Section 2, the system and channel models are described. The
performance analysis is presented in Section 3. The numerical

978-1-4577-0687-5/11/$26.00 ©2011 [EEE



results are discussed in Section 4. Finally, Section 5 provides
some concluding remarks.

1I. SYSTEM MODEL

In a cellular radio environment, the signals received by an
L-clement antenna array operating in the presence of N;
interferences can be written as

=JF+JFZ

N; is the number of interferes. Assume that the desired signal
and the co-channel interference are subject to Rician fading
and independent identically distributed (ii.d.) Rayleigh
fading, respectively. Moreover, we suppose that our system
has limited number of co-channel interferers. The co-channel
interferers have equal short-term average power, where Pgand
P; are short term average powers of desired user and
interferers, respectively. Suppose C and ¢, denote the Lx1
channel gain vectors for the desired user and for the &
interferer, respectively. § and §, are transmitted BPSK
signals of the desired user and the k¥ interferer, respectively.

The weight vector maximizing SIR at the output of
antenna array can be obtained by [8]

O

w=aR"c, %)

where

N,
R=PRY “cxf, )
which is the correlation matrix of interference signal. This
weight vector will be applied to corresponding individual co-
channel interference signal at the receiver. Note that constant
@ does not affect the SIR at the array output. The output SIR

is well known to be given by [7]
/J=Psc”R'lc - @
The output SIR can be written as
P, -1
,u=—sc”(c,c,") c , 5)
B
where ¢, is the LxN, matrix given by
¢=lg ¢ cy,]
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1II. PERFORMANCE ANALYSIS
In this paper, computation of the bit error requires to
determine the distribution of the interference at the array
output. We assume that the probability density function of the
output SIR can be expressed as [7].

T (N[ +1) ( )N,»H.

L= (TN, +1-L)

? F[N,+LLD(1+A) |x

— K u>01<N<L
T i

®

A is a power ratio between the power of desired and
interfering signal. Note that this ratio is the same for every
interferer because the powers of the interference are equal. The
parameter D can be expressed in terms of Rician factor K, of
the desired user by D=KpL. F{(5+-) is the confluent
hypergeometric function [9]. The average BER can be written
in terms of (6) as

e wan

erfc(x) is the complementary error function [10]. By
substituting (6) into (7) and using [10, eq. (8.352.1)] and [11,
eq. (6.5.2)], we can obtain the average BER as

8) 1N,+l-l. F(N +1)Dk ( PI J‘(NI"'I_L)
*"2 & TN, +1-L)I(L+K)\ B+, k
p = k-1
By B g
xe !e'ﬁ(\//:) (y+A)N'*H H.
®
Use the below relation [9]
erfe( | )- W n®. o

Then, substitute (9) in (8) to obtain

l +1
.-;x

=0

T, +)D* |
I‘(N +1-LTL+R)\ P, +

B Y(N,+1-L
+5, k

(uyp.

IAk 5/4

.P‘,d} My
ey,

(10)



W, , () is the Whittaker function of the second kind and can
be written as

Pe D

W,.,(x)= m

J' ® ti(g-p-1/2)
o

¢ {g+p-1/2)
-(l+—) dt, gq-p+1/2>0.
X

an

Deduce the asymptotic series by relation [9]

_ ()" (@-p+1/2),(1/2-g-p),
W, (x)=e""x § =g y
X—>00,

Then, we can compute the probability of bit error in closed
form using the equations given [9], [10] as

B

N, 1L[N'+1_LJD1‘X6_D;;‘:F ~1/4
1 N k (A
P=— <1 s
‘¢ olr Z.; T(N, +1-LY[(L+k) LA+1) ;
55
-L+—,—
o A 4’4
iy re221
4’4’4
12)
where G (") is the Meijer G-function [10, eq. 9.303]
;: xa,,...,ap
Cp5eesCp
m n
m  II'T(c;—c)IIT(1+c, —a;)x*
e j=1 J=1
k=1 g C A Cx
Il T(1+¢, —¢)x* Il T'(a, —¢)x
J=m+l J=n+l

-qu_,(l+c, —ay,...,1+¢, —ap;l+ck =ClyesiyMyeiny
I+¢, —c;(-1)"""x)

13)
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»F, (57} is called generalized hypergeometric function.
The prime in the product symbol J]’ denotes the omission of

the term when j=Zk. Also, the parameter set of pFg

corresponding to 1+¢; —c; (indicated by *) is to be omitted.
Lastly, an empty product is interpreted as unity. Substituting
(13) into (12), the BER becomes to (14).

N, +1-L
1 Nl k
el
e~ ?3. T, +1-LT@+8)

AN, -L+D)

+7—2-

D‘e ‘{AAN)

ATy, -
i

3
TN L AW LN LN 45 LN, +2-LA)

(R L4 3241 Ny 33 A +RT, +1- DT (D)
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IV.NUMERICAL RESULTS

Some numerical results for the output SIR performance of
optimum diversity operating over Rician/Rayleigh fading
environment are simulated and studied. The results are
compared with corresponding derived mathematical equations.
(14) is numerically evaluated and the results are illustrated in
Figs. 1 and 2. In Fig. 1, the bit error rate of optimum diversity
versus average SIR is shown. The number of antennas element
L is set as a parameter. The Rician factor K, is set to be six in
the presence of equal power interferers (A =10dB) for N; =
10. As expected, the system performance is improved
significantly when the number of antenna elements is
increased. Fig. 2 shows the bit error rate plotted versus SIR for
L = 8 and with N; as a variable. Fig.2 suggests that when the
number interferers increase, the probability of bit error tends
to be higher. Fig. 3 shows the probability of error versus the
Rician factor K when the number of antenna elements is equal
to L as a variable. The average SIR is assumed to be five dB.
‘We observe that BER decreases as the Rician factor increases
due to the presence of stronger LOS components between the
mobile unit and the base station.



Figure 1. Probability of bit error versus SIR with the number of antenna
clements L as a variable and the number of interferer N; is equal to 10,

Figure 2. Probability of bit error versus SIR with the number of interferers
N; = 8,9 and 10 as parameter and number of antennas element L is equal to 8.

V. CONCLUSIONS

This paper has presented an analytical framework for
optimum diversity in presence of co-channel interference
under a Rician/Rayleigh fading environment. We derived a
closed-form expression of the probability of error. The
modulation of the transmitted data is BPSK. The desired
signal experiences the Rician fading whereas the interferers
experience the Rayleigh fading. The derivation was under the
assumptions that system is “interference-limited” and the
interferers have equal average powers. The numerical results
from computer simulation showed that the derived BER
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performance can be used as a reference for the evaluation of
the practical system performance.

N
7 10

Rician Factor K
Figure 3. Probability of bit error versus the Rician factor K with the number
of element L as p when N; = 8 and average SIR =5 dB.
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